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In [2], we defined the category QM, whose objects are pairs (Q,M) where Q is a quantale and M a
left Q-module. The morphisms of QM are pairs (h, f) : (Q,M) → (R,N), of a quantale morphism h
and a Q-module morphism f , with N becoming a Q-module by restricting the scalars along h. Then we
defined a non-full subcategory of QM, denoted by DS0, which is equivalent to the category whose objects
are propositional deductive systems and whose morphisms are interpretations (up to translations) among
them. It turns out that various constructions aimed at combining different logics, presented in [1], are
indeed classical categorical constructions in DS0, such as coproduct, pushout, and amalgamation.

In this talk, we shall recall the main results of both [1] and [2], and we will present drafts of other
constructions that are currently being studied (jointly with Júlia Cardoso Penha), such as products and
colimits.
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